
saqarTvelos   mecnierebaTa   erovnuli   akademiis   moambe ,   t. 2,    #4,   2008
BULLETIN  OF  THE  GEORGIAN  NATIONAL  ACADEMY  OF  SCIENCES,  vol. 2, no. 4,  2008

 

© 2008  Bull. Georg. Natl. Acad. Sci.

Physics

Melting Electronic Mechanism in Covalent Crystal
Substances and Nanostructures, Calculation of Heat
Capacity according to Interatomic Chemical Bonding

Zurab Gogua, Giorgi Kantidze

Georgian Technical University, Tbilisi

(Presented by Academy Member G.Chagelishvili)

ABSTRACT. Values of bonding energies of sp3 and sp2s- hybrid bonding are calculated in the paper. These
calculations are performed according to the conception of the influence of anti-bonding quasi-particles on the
interatomic bonding force when the bonding particle takes an anti-bonding position. Melting process of cova-
lent crystals is considered and the critical concentration of anti-bonding quasi-particles, at which the melting
process begins, is defined. And it may be caused by action of light, injection of charge carriers and other ways.
The heat capacity of Einstein’s model of solid state in 3D crystal is calculated as well as in 2D systems.
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1. Introduction. The theory of specific heat of solid
state, as is known, was created by Einstein [1, 2] and
then by Debye. Einstein’s theory is based on Einstein’s
model of solid state. According to this model, all the
atoms of the solid state have the same oscillation
frequency, but in Debye’s model atoms’ oscillation is
presented as a spectrum of the frequency of isotropic
continuum’s flexible oscillations. So, in the low
temperature range the results of Einstein’s and Debye’s
theories do not differ very much from each other, though
in some cases Debye’s theory is very close to
experimental results. In high temperature ranges, the
results of Einstein’s and Debye’s theories are similar,
and both turn to Deulong’s and Petit’s rules. According
to many experimental data [1, 3-5], we can agree to the
very important results that in low temperature, as well
as in high temperature ranges, Deulong’s and Petit’s
rules for the general, three-dimensional crystal states
(3D systems) do not work. Neither do Einstein’s and
Debye’s theories in 2D quantized systems [4, 6-8]. Heat

capacity of any substance depends on the frequency of
atoms’ oscillation. This frequency depends on the
interatomic bonding energy. In 1984 a group of some
authors offered a conception, which says that interatomic
bonding energy depends on the correlation of bonding
and anti-bonding quasi-particles (quasi-free electrons
and holes in semiconductors). Actually, this idea is the
result of simplest hydrogen molecule analogy: bonding
energy in hydrogen molecule is maximal, when it’s
performed by two, different in spin, electrons. These
electrons are called bonding electrons. They are located
in the singlet level (bonding level) of molecule. If we
transfer one of them to the triplet level (anti-bonding
level), then the molecule will collapse. Or if we add to
this molecule third electron, (it will take the anti-bonding
level, because bonding level is full) bonding energy will
decrease. If we view solid as one huge molecule, then,
according to type of interatomic bonding and correlation
of bonding and anti-bonding quasi-particles we can
speak about bonding force. According to the given
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conception melting, diffusion, defects precipitation,
photomechanical and photo-stimulated diffusion
occurrences in covalent crystals were investigated
successfully in [9-12]. Let us calculate the heat capacity
for covalent crystals.

2. Conception of collective bonding force
decreasing in covalent crystals and its clarity. In
covalent crystals chemical bonding between neighbor
atoms is realized with sp3 hybrid bonding. Separately,
in one atom of covalent substance there are four electrons
on the last orbit: two of them are s electrons and the
other two – p electrons. There is ΔEsp energetic difference
between these s and p atoms. There are 2 vacancies in s
state and 6 in p state (Fig. 2a). If the molecule is made
o f  a t o m s  l i k e  t h i s ,  t h e r e  a p p e a r s  v i r t u a l  sp3 hybrid level,
where we have 8 places and all 4 (2 s and 2 p) electrons
are virtually situated in them (Fig. 2b). After electrical
and magnetic influence, sp3 hybrid level collapses into

bonding σ and anti-bonding σ* levels. At each of them
we have 4 places. All four electrons of the given atom
occupy σ bonding level and σ* anti-bonding level is
empty (Fig. 2c). These full σ levels in the whole
substance create a valence band which is full with
bonding electrons and σ* levels create an empty
conducting band. One part of the collapsed s state of
atom is the bottom of the conducting band and the other
– bottom of the valence band, while one part of the
collapsed p state is the top of the conducting band and
the other part – top of the valence band (Fig. 2d). These
results are known from [13].

When one σ electron moves to the anti-bonding
level, there appears another anti-bonding particle: anti-
bonding hole. As the top of the valence band is one part
of p state, the wave function of the electron in this part
has p symmetry and at the bottom of the conducting
band the function has s symmetry. So, electron’s
movement from bonding level to anti-bonding level
causes not only a decrease of the interatomic bonding
force, but change of bonding symmetry. This means
increasing part of symmetry in linked electrons’ wave
function (we will consider this question in detail in the
next section). According to the conception which was
offered by authors of [14], decrease of bonding force
and change of bonding symmetry take place between
these atoms, where the anti-bonding quasi-particles
“travel”. Based on this conception, melting of the
substance will begin when the concentration of anti-
bonding quasi-particles is so great that during one cycle
of atom, anti-bonding quasi-particles will “travel” in
all the atoms of the substance. We think that this
conception is valid, but it needs freeing from some
inconsistency which is caused by the conditions listed
below: at a given temperature the quasi-impulse of anti-

bonding quasi-particles is KT*3m~P . m* is
effective mass of the quasi-particle. Based on the given

conception 
3 N

1~d . According to the Heisenbergg

principle, hπ2≥Pd  which means that 1
2

*3
3

≥
N
KTm

hπ
condition must be met, but even for the highest melting

temperature mTT = , e.g. for silicon 1,0
2

*3
3

≤
N
KTm

hπ
 so,

the Heisenberg principle isn’t met. This means that it is
unable to use even the classical rules of statistics. As we
remain in the frame of conception of collective
decreasing of bonding force by anti-bonding quasi-

Fig. 1. Dependence between heat capacity and temperature of
crystal lattice according to Debye’s and Einstein’s theories (TD is
Debye’s Temperature).

Fig. 2. Scheme of converting molecular orbital to zone pattern
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particles [14], our method is based on the wave nature
of quasi-particles. In semiconductors quasi-free particles’
(electrons and holes) wave function in effective mass
approximation may be expressed by de Broglie’s wave
instead of Bloch’s function. In terms of this, one quasi-
particle decreases the bonding force and changes the
symmetry not only of one atom but a whole group of
atoms that are placed in a definite part of de Broglie’s
wave length. de Broglie’s wave length for quasi-free

electrons and holes is: 
KTme

De
3
2 hπλ = ;  and

KTmp
Dp

3
2 hπλ = . me  is effective mass of quasi-free

electron and mp – effective mass of quasi-free hole. The

capacities of spheres with diameters Deλ  and Dpλ  are:

3

6 DeDeV λπ
= ; 3

6 DeDpV λπ
= . As we are focused on

semiconductors, so n=p=ni. 2niV is the number of all
anti-bonding quasi-particles in the entire V capacity, and

( ) ( )VnVVVn DpDeiDpDei
33

6
λλπ

+=+  is the sum of

capacities of all the spheres with diameters Deλ  and

Dpλ .  At melting temperature

( ) ( ) ( ) ( )( ) 1
6

33 >+= mDpmDemimD TTTnTq λλπ .  e.g. in

silicon qD(Tm)=3.7, in germanium qD(Tm)=6.5 and in

GaAs  qD(Tm)=6.4. It’s definite that ( ) VVVVn DpDei >+ .
If we consider that anti-bonding quasi-particles decrease
interatomic bonding force and change symmetry of wave

function in atoms which are located on ( )3
0 m

De
e

Tq
λ

λ = ,

( )3
0 m

De
p

Tq
λ

λ =  length, then the value ( )33

6 peinq λλπ
+=

will change at the melting temperature like this:

( ) ( ) ( ) ( )( ) 1
6

33 =+= mpmemim TTTnTq λλπ . (1)

We think that this is the melting condition. It means
that the influence of anti-bonding quasi-particles spreads
everywhere in the entire crystal. When anti-bonding
quasi-particles are not created by thermal energy but in
a different way, e.g. by light or pressure etc, then T≠Tm,
which means that conditions of changing bonding force

and symmetry of wave function look like this:

( ) ( )( ) 1
6

33 =+ TTn pek λλπ (2)

So if melting is caused by heat transfer, then critical
concentration of anti-bonding quasi-particles is the
number of these particles at the melting temperature in
a given crystal. If melting is caused by light (laser), etc.
then the concentration of quasi-particles must be given
with (9) condition:
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3. Change of wave function symmetry and
decrease of bonding force by anti-bonding quasi-
particles in covalent crystals.  As we said above, the
bonding between atoms in covalent crystals is effected
with sp3 hybrid wave function. First, let’s calculate the
energy of covalent bonding in an ideal covalent crystal.
When it isn’t excited, calculation can be made using
the LCAO method. We choose only one direction,
because all the other directions are the same. The
function of this sp3 hybrid bonding in direction, which
is given in Fig. 3, looks like this [15]:

( ) ( ) ( )rrr pxs Ψ+Ψ=Φ
2
3

2
1

2,1 . (4)

Covalent bonding energy between 1 and 2 atoms is
[16]:

( ) ( ) ( )σσσ ppspssc VVVV 332
4
121 11

)0( −−−>=ΦΗΦ=< ,(5)

where

( ) ( ) >Η=< 21 ssssV ψψσ ;

( ) ( ) ( ) ( ) >Η<−>=Η=< 2121 spxpxsspV ψψψψσ ;

( ) ( ) >Η=< 21 pxpxppV ψψσ .

These matrix elements are given in [11].
Now let  us consider the case when an electron tears

off the sp3 hybrid bonding, moves to interatomic space

Fig. 3. One of the sp3 bonding orbital shapes
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(in conducting band), and a hole appears in its place.
Symbolically, we can call this transition sp3→sp2s–,
which means that one of the 4 bonding electrons moved
to anti-bonding orbital, which has s symmetry. If we
choose the general sp3 hybrid bonding (4) function as
the basic function (as it was in the previous case), we
will provide the principle of bonding maximality and
the fact that in this state, from where the bonding
electron comes, the probability of catching another
electron, rises twice. Using the LCAO method, sp2s–

bonding wave function is given as:

 ( ) ( ) ( ) ( ) ( ){ }(1)
1

1 2 3 3 2 1
2 5 s pxr r rΦ = + Ψ + − Ψ .(6)

s and p function coefficients can be considered as “parts
of state”, when sp3 hybrid bonding is changed with sp2s–

one. Generally, in sp3 hybrid bonding part of p state is 3
times greater than part of s state, but in the case of sp2s–

bonding, part of s state is ( ) 40~
123

32 
2

⎟
⎟
⎠

⎞
⎜
⎜
⎝

⎛

−

+  times

greater, than the part of p state. So this is isotropization
of bonding.

In regard to covalent bonding energy, for the given
state it looks like this:

 ( ) ( ) ( ){(1) (1) (1)
1 1

11 2 11 6 2
20c ssV V σ=< Φ Η Φ >= + −

( ) ( ) }2 3 2 2 1 3 3 2 2sp ppV Vσ σ σ− − + − (7)

4. Heat capacity calculation. We will calculate the
heat capacity for covalent crystals in Einstein’s solid
state model according to the given results. In this model,
in a substance which is built with N number of atoms,
the oscillation energy is:

1

3

−

=
KTe

NE ω
ω

h

h
. (8)

In this equation zero-point oscillation energy is
ignored, because only these oscillations take part in the
interaction with electrons that are caused by energy
higher than zero point energy. Generally, atoms’
oscillation frequency depends on covalent bonding
energy between them [16, 17]:
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where 
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=  is ionic bonding energy on

hybridized orbital, )1(
sε  and )2(

sε  are terms of the atoms,
which have s electrons on the last orbital, (In Ge and Si
V0=0), d is the distance between atoms, M mass of atom.
The distance between atoms insignificantly depends on
the concentration of anti-bonding quasi-particles [18],
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significantly. If T=0K, h=0 ω=ω0, then
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The probability of the fact that the atoms of the given
covalent crystal will bond with each other with decreased
bonding force is:
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and the probability of occurrence of ordinary bonding
is:

( ) ipe nWW 33
12 6

11 λλπ
+−=−= . (12)

It means that
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As is known, in pure semiconductor:
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Fig. 4. Shape of sp2s– orbital in one of the directions



74 Zurab Gogua, Giorgi Kantidze

Bull. Georg. Natl. Acad. Sci., vol. 2, no. 4, 2008

and ( )
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According to this we get:
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Based on the definition of heat capacity, the equation
will be:
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Other constants – α1, T0 and others for some covalent
crystals are given in Table 1.

Results of this formula for Si, Ge, and GaAs are
given in Fig. 5. Light dots are the experimental results
for Ge [5] and black dots for Si [5].

In the case of low temperatures, when  ћω>>KT(n),
then ω(n)H≈ω0 and Formula (15)  will change like this:
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This result is similar to that of Einstein’s theory for
low temperature range. In case of high temperature,
when ћω<<KT(n), according to Formula (15) we get:
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In the case of nanostructures, these formulas work
well, excepting those in which concentration of charge
carriers in pure semiconductors takes place. As all
parameters are same, except ni,  we get [20]:
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, where D
CN 2  and D

VN 2  are densities of

quantum states at the edges of conducting and valence
bands in 2D systems. W is the thickness of the sample.
According to this data, the dependence between
temperature and oscillation frequency is:
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 ( )( )evg 0ε  ( )K
evα  T0,K 

0m
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me  

0m
m p  ( )evV )0(

2  

Ge 0.74 4.77·10-4 235 0.57 0.37 0.18 0.25 -5.6 

Si 1.17 4.73·10-4 636 1.08 0.59 0.26 0.38 -6.1 

GaAs 1.519 5.4·10-4 204 0.85 0.53 0.067 0.15 -5.56 

Table 1

( )evV )1(
2  1

0
−cω  1

1 sec−ω  ( )mTq ( ) 3, −cmTn mi KTm , δ γ ( )mTC  

-2.4 5·1013 3.4·1013 6.5 1.84·1019 1210 3.4 0.57 9.5 

-2.6 9·1013 6·1013 3.66 3.2·1019 1690 7.3 0.57 10 

-2.4 4.7·1013 2.3·1013 6.35 7.4·1018 1511 20.6 0.57 7.14 
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In high temperature range, when ћω>>KT:
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As it seems, in the case of low temperature range in
3D systems, as well as in 2D crystals, dependence
between heat capacity and temperature is described with
the same equation, but in high temperature range in 2D
system, besides this dependence, there appears a
dependence on its nanocrystal’s depth.

Let us see how our equation complies with the first
principle. In our calculations we used results based on
Maxwell-Boltzman’s distribution functions (rules of
classical statistics). We can use them if between Fermi
level and corresponding band level energetic difference
is KTKT 32 ÷ . We consider the semiconductors where
the location of Fermi level, according to classical statistic
rules is given as follows:
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4
3

2
.

Even at the highest temperature in Ge and Si

 ( ) ~2mTΔ KT, and  ( ) ~3mTΔ KT.. This means that we can

Fig. 5. Dependence between heat capacity and temperature in 3D crystals in Ge and Si according to Formula (15)  [5].
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use rules of classical statistics. As to using basic criteria
of a kinetic equation it looks  like:

π
λ
2

DdtE >>⇒>>Δ h ,  where d  is the average distance

between anti-bonding quasi-particles. 
( )3

m

D

Tq
~ λd ,

because ( ) 1.81.5~Tq3
m ÷ ; 1

4
2
3

D
>=

π
λ
d

. So, there is

no strict inequality; however 1
D

>> π
λ
d

. So, using

kinetic equation criteria is met approximately.
5. Summary. The interatomic bonding energy was

calculated in covalent crystals in the state of sp3→sp2s-

excitement (when sp3 bonding electron takes anti-
bonding position). It is shown that part of s state
increases and p state’s part decreases many times in sp3

hybrid bonding in this state. This causes an increase of
the degree of freedom of atoms, so this means that the

state becomes “fluid” or “soft”. Besides, interatomic
bonding force decreases and based on this conception,
we considered the melting process and defined the
critical concentration of anti-bonding quasi-particles.
These anti-bonding particles form not only by heat
transfer, but by any external excitement (light, injection
of charge carriers, pressure etc.). The heat capacity in
Einstein’s solid state model is calculated according to
the dependence between phonon spectrum of atoms and
concentration of anti-bonding quasi-particles. These
calculations are made for 3D crystals as well as for
underdeveloped-dimensional nanocrystals. Calculations,
performed using this method show that, as is seen in
Fig. 5, in general crystals, calculated heat capacity agrees
with experimental data better than the calculation results
using previous methods. Our method is not very accurate
but it has other positive sides: this is a methodologically
new principle which can be used in the case of states
with different type of chemical bonding in 3D systems,
as well as in underdeveloped-dimensional systems.

fizika

dnobis eleqtronuli meqanizmi kovalentur
kristalebSi da nanostruqturebSi da kuTri
siTbotevadobis gamoTvla atomTaSorisi qimiuri bmebis
gaTvaliswinebiT

z. gogua, g. kantiZe

saqarTvelos teqnikuri universiteti

(warmodgenilia akademiis wevris g. CageliSvilis mier)

mocemul naSromSi gaTvlilia sp3 da sp2s- hibriduli bmebis bmis energiebi. gaTvlebi Catarebulia
antimakavSirebeli kvazinawilakebis atomTaSoris bmis energiaze gavlenis gaTvaliswinebiT (rodesac
makavSirebeli nawilaki gadadis antimakavSirebel mdgomareobaSi). aseve ganxilulia dnobis procesi
kovalentur kristalebSi da gansazRvrulia antimakavSirebeli kvazinawilakebis kritikuli
koncentracia, romelzec iwyeba dnoba da es SeiZleba gamowveuli iyos ara mxolod siTbos gadacemiT,
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aramed sxva gzebiTac (sinaTlis dasxivebiT, muxtis matareblebis inJeqciiT da a.S.). aseve gaTvlilia
kuTri siTbotevadoba myari sxeulis ainStainiseul modelSi rogorc samganzomilebiani, aseve
organzomilebiani sistemebisaTvis.
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